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Numbers of Functional Lattices"

Yang An-zhou

(The Industrial University of Peking)

Definion {. Let L be a Complete lattice, X be an infinite set, LX={f: f
is a function & domain f=X & range fCL}, Define operations of lattice \/, .
N (fVE)(X)=f(XIVEX), (fA)(x)=Ff(x)Ne(x), (V{f+i eI =vifi
i €l}, (A€l ()= A fix):i€l}.

Defmition 2. 1(CL*) is a functional lattice (or a \/-clsed and A-finite
closed lattice) iff (\V/Z\/a(aeZ&f,€t)>\/{f:a€Z}enN&(V f,ey1) (fAhger)&(((
vx €EXD (S (X)) (fHEN&(((VXEX) (L (x)=1))—=>(fi €)). C={r:1CL* & ¢
is a functional lattice}. 1(CLX)is a complete lattice of functions iff (z is a
functional lattice & ((VIVa(a € & f,€N))>(A{f,ca €X}€)), K= {111 CL* &
7 is a complete lattice of functions}.

Definition 3. For 7,0 €C, define 1=~¢ iff 3¢ (¢ is a lattice-isomorph
from 1 to o), T={0to €C & o=1}; 1~¢ iff Fp(p is a bijection on X &¢ is

continuous & ¢!

is continuous), where ¢ is continuous iff ( (Vg € )(p ' (&)
€1)), (Vx €EX) (¢ ' (&) (x)= gleg(x))), ¢ ' is continuous iff ((Vf E) (p([f) €

{ \/{f(2):z2€p 1 ({y} ], where ¢ '[{y} ]id)(emptY))
0

v

o), (vxeX) (@)=

(1)={0:0 €C & a~1}. C={1:1€C}H, Cr= {({1):71€EC), K={7:171EK}, Ka={<{1):1EK].
{0,1)={x:x is a real number & 0<<x<1}.
Theorem I—3. If 2<|L|<2™, then |d=|C,|=|Cal=expcexp(X])) =2,
Theorem 4—6. If 2<|L|<|X|and (3QCL) (V! €L) (3HCQ) (VH=sup H=1),
then | K|=| K: | =] K| = exp (|X]> = 2/*],
Theorem 7—9. 1f L=(0, 13, then |Cl=]C/|= |Cyl=expexp(|X|)=

2&)(1

=2
Theorem 10—12. If L=(0, 1), then |K|= |K |=|K |=exp(|X [>=2'X"
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