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i ' oC[1] MEEX T 2] FRYEHE 2 2T RO B Wiz, y) = zy(z — y)(z — ty).
A, BATAEASGIC (1] HVEH Rt R R .

X9&i8: Whitney & k- FFs k- HF1; k- HRIGE.
MSC(2000): 58K40
hES%: 0186.33

(1) PHANIE] B a)

WS E,.- 7£ O € R" ) C> WECEF,, M-E, FHME—RIBKHEE. MM # kR
W JNF-ZF F W ER Taylor ZWRX.  Pr-n I k WGFRZTAEM R L 2. J(f)-
ZF f BT HEAE.

KT FE VI, BT (1] A [2] RO A FIHER.

EX 12 % fe M' C E,y(By), iR j*f = 0 REFEWAARFPLEL, K f Bup
Hessain Z2AFRILAY (FE: 7€ f € M* T,  f BIVUEY Hessain RIEFR 54 f).

TEME LT, 3C 2] 4

T & f e M* C B, WFE f BPUB Hessain JEARRALAY, W f FATEHLH
Hessain.

HAE A B4R -

SI3 1P B f=ay(e —ay)(e +y) HHF o #0,1), W M2J(f) = M°.

138 22 % f = At + Axaly + Asa®y® 4+ Ayxy® + Asyt, A € R(i = 1,2,3,4,5), &
[ =0 MNEARMEEL, N f2LERR, FHT cy(e - oy)(z+y)(a#0,-1).

513 38 R fe B, H MFYC M2J(f), W g AT £, RE g — f € M* i,
W f e B, H METY C M2J(f), W g FFTF £, HEE jkg — % f = 0. dtHEs, R fe B,
H MM M2I(f), W f 2 k- JEE.

X 2] BARA S HEMMIEASRE (B 5200 1 280), HEREZE, RN
S 3C 2] WERE 2 ZIERRAY. HARHAIER EBERTITH. AT TAERIE, AHEER.

EX 2W fe B, FRNEAMR k- YeEiy (Sufficient) J&4: ®—15 f HHFEN k-jet 1
g RAFEMT 0 (F: GF0. FEREEEE C~ HE).

i A SC[2] HE R 2 BERRS V% iR f e MY C B, H jf =0 REBAE
FARBITEL, N fC HEFENT 54

WHE B #A: 2004-05-08; 483 H#i: 2005-07-17
HEMHE: ERERPFES (10261002), FMAERFHARES (20013060).
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MISC (1] #1XE3C [2] 28 2 R “RP” J& Whitney & I, Wi(z,y) = ay(z — y)(z — ty),
(z,y,t) € R® HEERZ (FOCHE):

WRFRHISE ¢ BIXTA] (1, +o0), W W, XfE— t ZERbRy (XE “9RBA” 253 2] R~
FEEF ). B3, Wy = 0 MIUAARMELRAR. B, W, M W, &+aHLe, EHiEA
FE—A C- A IR b 18 Wy o h = Wy GXAEMH FH WA ZREREORXT dh IEH). BN, B
H N =ay(x—ty), Wy=ay(x—y)(z—ty). 3T Ny, BHEHE 200 XEMEH 2 &3 (1] F1
EFE 2, B [5, P.189] Arnold f— N EHE, MAEIC 2] WEH 2), X FAETH ¢, ¢ € (1,4+00), N
M Ny & C°- . B2, X+ W, BOUstAHERE. M (3](E: XHEA 3] &3¢ [1] H 5 A
1 T.C.Kuo W—FZ%3CHk, BIASCHISCHR [6]) %18 W, F1 W, J& C°- .

HWSC 1] WX 25 RE, EMAEE, B LiEE. FAX R e AT s e
BB SCRE P R Ry, (HEBZESRI: 3C (1] EE Fratdry LR %5 M [2] @3 2 Fral
REZERZHERXANG: BRLASC (1] FEE IR <@ Kut, 3C (1] fEE I EE IR0 T A0
ZRREW to A1ty € (1,+00) H to # t1, W Wy, M1 Wy, ANEJRE C>° A, 1 HEER C° Fir. 1
X [2] BB HE 2 AR HLE: M TE—4EM to € (1, +00), Wi, (z,y) +7(x,y) &5 Wi, (2,y)C
HENH, Hfre M°. FAHSC 2] EHE 2, B f = W +r, U f € M*, T f BIPUBY Hessain
NIEFH Wiy, X Wy (2,y) = 0 BE T HAARRIRSEEL, #3C [2] BYE S 2(ASCHEX 1), f 1
VB Hessain Wy, Z3RRILHY, 8 f = Wi, +r F (C HENY) TERHEH Hessain Wy, .

BAR, P METE BERX AN M. SRR C (1] BVEE ZAUX MR XA,
¥ Whitney & Wi(xz,y),t € (1,+o00) HIEMBMARFITCEATRE C HFEMERC (2] EH
2 ANHOLHT I 7 SRIAZEH, KRR IERK.

(2) “IB R

TEFE T LR PAEUR [ AR A BEA L, W2 5 B e X R e SO i 2 3 B2 (v R o
FAH .

AL, BTG ER to Al t1 € (1,+00) H to # t1, BE] Wy, F1 Wy, H Wy, # Wy, SR
Wi, 1 Wy, WIIURY Hessain SAR5THIA Wy, F1 Wy, , IXFEEUE Wy, BIIURY Hessain J& Wy, T
ANJE Wy, [[RE, Wi, WIMORT Hessain & Wy, , TIAZE Wy, B, W, 1 W, ZEMRRANE
— M ZE S ERIVUR Hessain Z AR, FIL, RREEHFZ —, BHOuiE W, F8 W,
HIPIRY Hessain T REF SC [2] BIEHE 2. WHLEUL, Wi, M1 Wy, B C° FHEMAZE 2] EHE
2 FrELE R Z5E.

F—ITH, X TEH—HER to € (1,4+00), Wi, (z,y) = zy(z —y)(z —toy) = 0 FE T VUEA
R SEELR, Wy, A M* RREZERIDURY Hessain, NFE X 1([2, P.288, &E 2]), XLLZFEHY
PUBY Hessain J&3EiRALAY. T M* HLA Wy, SAHPUFY Hessain BIZERIEMAN {We, + rlvrems b 7T
F—IKEHE Wy, Wi M2T(Wy,) = MP. &, H5I3E 3([2, P.287 M 1 MJEHH5]), W W,
& 4 YeEf (sufficient). Xt TE—4EW r € MO, f = Wy, +r, W j*f = §*W,, = Wi, Hi
HIR 4- JEEX,  f FHET Wy, B f FAFERUR Hessain, XIEZ4 TR M* B
Wi, HHEIUF Hessain &—2F f, 3C [2] B 2 FrEpldrZEie.

(3) Wiy (z,y) Fl Ny (z,y) WIHLE

XFR—2RER to € (1,+00), SINMITHEESRITE Wy, (z,y) A Ny (z,y) WIELEFFSE
i THF LR ISR 2.

W f e En, TS RAR fEERTHSFEMEE L, EHA FREE, A D RR 5 e JF 7
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R LY VEF FREIE.  LE = {j*h|h € L.}

Lk R EEas Bl vP,Q € LE, W) P- Q REGZTABYT P Ml Q MREI—MREL < k2
WZTRB P o Q, SRIFFFHIT k BT (EIEEIRE > & f750).

Lk ge Jh LWPER Bl & feJk o e LE M foo BAE f A o HEIEHHIT b AT

HEBIBINESY 72 Ty — I fE= GV € T).

EX 3B HiE TV BRK k- FPE, MR Trf AR 71T F) HF

TFf 02 k- FFFRESRMR: G5 rg = nj"f H g —j*f € P} RIS/ g € T, &
B Ly R G5 f .

HAEH B X f € By, MRS a) TFf & k— FFM. b)MJ(f) D M*. ZER]
HHE—%OT, 7 E, PRPUE Tf & JF Jfy DF f B ete: 5 B, — JF g

@Rl 1P # MJ(f) D M* W g FMT £, RE g — f e M* H j*g — j*f € PF 7850/,

& AP BT TF f R k- RN, IR TRf = (TN,

Trf 2 k- WA BRI B8 ng = nj"f B0 g € JF, iy L) ZFEMT 55 f /1.

1 R LA A A A i A B S

g 1 HXMERZAER to Mt € (1, +00), HE to # t1, Wi, (,y) RATRE C° HFEMT
Wi, (z,y) AHER: REGE—HEW to € (1, +00), TWy, (2, y) A2 4- FFHY.

B JIE: EXTHE to € (1, 400), DWWy, (2, y) 52 4- FFHY, BIZEAE BT, X T MJ (W, ) O
M* Bty € (1,400) i to # t1 H t1 FEAHET to, RIMRIE: Wi, —Wy, = 2y (z—y)(to—t1) €
M* H j*Wy, — ' Wy = Wy, = Way, = ay?(x — y)(to — t1) T4/ TR, B 1 s W,
FIT W, WEHIHMEZEER to 1 6 € (1, +00) H to # t1, Wy, ANERE O HFHT Wi, #Y
TG,

g 2 X to € (1,+00), Wy, (x,y) N MJ(Wy,) D M. # T4W,, (x,y) A& 4- FF
H .

B HEE MJ(Wy,) = [Ba3y—2(to+1) 2%y +tozy?, 2t —2(to+1) 23y +3tex?y?, 3x%y% —
2(to + )ay® + toy*, 2%y — 2(to + 1)a”y? + Stoay’]. H MJI(Wy,) C M* = [z, 2%y, 2%y, ay°, y*]
B MJW,,) # M*. JRIE: # MJ(Wy,) = M MJ(WtO)/M5 = M4/M5, 1l R{3Z’3y—2(t0+
Da2y?+tozy?, * —2(to+1)a3y+3toxy?, 3a2y? —2(to+1)zy3+toy?, 23y—2(to+1)2?y? +3tezy®} =
R{z", 2%y, x?y® xy®,y'}. IR Z S Py WWEE 250, MAsE Py-5 4E32 = H, /.

i 3 X to € (1,400), Wy, (z,y) J& 5- HIFIHY.

B ME—RER to € (1,400), AT [2] T3 4 FIRIAE M2J(Wy, (2,y)) = M°,
H5IH 36, B g(x,y) — Wi, (2,y) € M°, W g(x,y) FMT Wi (z,y). F3, MR g € I3
H g(z,y) = Wi, (z,y) € M°, W g(x,y) RET Wi, (z,y). BIFERTHSFER b e Ly 15
g=Wyoh BB j°h e L], FEES () T geJs Hg— W, € M, A g =Wy, +r, H
e Pl ng = midWy, = Wy,. (i) BIT g = Wy, o h(h € L) A[#EH g = W;, 0 j°h (modulo
MPO)- B Wy, 1 j5°h HEIGHI 5 MBWIET 9. FHER J5We, (x,y) = Wy (z,y) F1 LE 7E JE 1
VEFIR B SCRA B SC 4 2 i TF f & k- MU FEELZA4 5 TOW, (, y) & 5- AT

—fH, MFHEN f € B, MR TV & b— . BEAREEAE If = (5T &
TFf BARRIE k- FFHY. HAWGEICR M2J(f) > MM A Tf = (5%) Tk f1B

TRBAVSIATTRER:
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ka = k- I e MJ(f) D MF = MQJ(f) o Mk = rf = (jk)flrkf = f J& k-
PUER (M B MJ(f) > MF 0 M2J(f) D MM HE, @R M2J(f) D> MM SRR
MJ(f) D MF, f =Wy, BREXFER—F).

Gt 4 XNE—HEN re MO, f =Wy, +r FT Wy, WIREIEENT Wi, & 4- PEm.

W HBEE—US Wy, BRAHEFER 4-jet BN (W, + rlveens t, BRIAAR
4- PE Y E SO EREE .

Mz 1 %R 2 Al Vio F1 6y € (1,+00) H to # t1, Wy, Fl Wiy, AN C° HENZ
Vo € (1,400), T4Wy, R 4- FFH TS50, H W, BISEAE 4- FF. i 45ie 3 Mg 4
H: Vtg € (1,400), Wy, BIRASE 4- FFHY, (H Vo € (1, +00), Wy, TR M2J(Wy,) = MP, TPW,
J& 5- MR, K, W, J2& 4- e H Vo € (1, +o0), Wy, AR 4- P S0 T3¢ 2] 8 2 X T
M* F—YLk Wy, HHVURY Hessain B2FE Wy, +r(Vr € MP) FFESGRHIZEL: Vr € M5, W, +r
ST ERYET Hessain Wy, #.

i Lpr, sC 1) B = BEEHREFIREE “Vio € (1,400), T4 Wy, & 4- 7 X—451R,
TMAREMATTREFIRGEE “Vio € (1, +00), Wy, 5& 4- PE” ISR, X3 1] YRR [2] &
P2 fir2g I RBUAIRESS BT TE.

MFIRERITIEECEEESC (1] TR Ni(z,y) = vy(v — ty),t € (1,+00), NHERIE: Xf
T—2EW to € (1,400), H MJ(Ny,) = M2, Bl T3 Ny (z,y) 52 3- FFHY. BAR, Niy — Ny, =
xy?(to — t1) € M3, FrRA, MFARMEER to 1 t1 € (1,400) H to # t1, HE ¢ Ml to B
T, FEAIRAE 52N, (2,y) — 55N (2,y) = Ney(2,y) — Nio (2,y) = 2y®(to — t1) FEo/D. TR
W 1, fEAASE] Ny, (2, y) F Ny, (2,y)C G5 BLGHEL GIREE): X4 ER to
t1 € (1,400) H to # t1, Nty (z,9) 7& C® FHEMT Ny (2,y) B
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A Faulty Counter Example

CEN Yan-ming
(Dept. of Math., Guizhou University for Ethnic Minorities, Guiyang 550025, China )

Abstract: The author of [1] gives a careless counter example Wy(z,y) = zy(x — y)(z — ty) for Theorem
2 in [2]. For this reason, we have to discuss some main problems with the author of [1].

Key words: Whitney’s families; k-open; k-saturated; k-finitely determined.



